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Abstract

We study a class of nonlinear elliptic equations involving a Hardy potential and a critical Choquard-
type nonlocal term. The presence of both the inverse-square potential and the critical nonlocal
nonlinearity introduces significant analytical difficulties.

Using variational methods, we prove the existence of a nontrivial weak solution by applying the
Mountain Pass Theorem. A key step in the analysis is the verification of the Palais—Smale condition
below a suitable critical level.

To establish the subcritical nature of the energy level, we construct appropriate test functions and
perform asymptotic expansions near the boundary. This allows us to show that the Mountain Pass
level lies strictly below the critical threshold.

As a consequence, we obtain the existence of a nontrivial solution to the problem.
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